Abstract A theorem due to Shoesmith and Smiley that axiomatizes twovalued multiple-conclusion logics is extended to partial logics. Smiley's [3] discussion of rejection by axiomatizing a calculus where truth values of sentences are given by truth tables that admit truth-value gaps. "The Smiley multiple-conclusion consequence relation" for the calculus is defined over assertions and rejections. Rumfitt gives a complex Henkin-style proof of completeness for this calculus. Our goal is to show that there is a simple procedure for axiomatizing calculi of the sort that he considers. We do this by imitating Shoesmith and Smiley's [2] proof of a similar result (their Theorem 18.1) where truth tables do not admit truth-value gaps and the consequence relation is defined without using rejections.
L M if and only if the relationship between L and M is generated by using the structural rules or the truth-table rules.
Theorem 1 J |= K if and only if J K.
Proof:
Let v be a valuation that assigns t, n, or f to an atomic sentence A depending upon whether + A ∈ +L 1 , + A ∈ +L 3 or * A ∈ * L 4 , or * A ∈ * L 2 , respectively.
Lemma 2 For any sentence p,
Proof by induction: For the basis step, where p is an atomic sentence, use Overlap. For the induction step, use Dilution and Cut. Suppose v(+(c i ( p, q, r)) = t, where p, q, and r may or may not be atomic. Suppose v( p) = n, v(q) = t and v(r) = f . By the t-rules +q, * r +c i ( p, q, r), + p, * p. By the induction hypothesis & t n f t t n f n n n n f f n f
Lemma 3 For any sentence p, (i) v( p) = t if and only if
+ p ∈ +L 1 ; FRED JOHNSON (ii) v( p) = n if and only if + p ∈ +L 3 or * p ∈ * L 4 ; and (iii) v( p) = f if and only if * p ∈ * L 2 . Proof: For (i), suppose v( p) = t. If + p ∈ +L 3 , then, by Overlap, +L 1 , * L 2 +L 3 , * L 4 . Suppose + p ∈ +L 1 . Suppose v( p) = f . Then +L 1 , * L 2 * p,
